In this contribution we are focused on some spectral transformations of Hermitian linear functionals. They are the analogues of the Christoffel transform for linear functionals, i. e. for Jacobi matrices which has been deeply studied in the past. We consider Hermitian linear functionals associated with a probability measure supported on the unit circle. In such a case we compare the Hessenberg matrices associated with such a probability measure and its Christoffel transform. In this way, almost unitary matrices appear. We obtain the deviation to the unit matrix both for principal submatrices and the complete matrices respectively. Classification (2000) . Primary 42C05; Secondary 15A23.
Introduction

Christoffel transforms on the unit circle
Let u be a linear functional in the linear space Λ of Laurent polynomials with complex coefficients, i. e. Λ = span{z n } n∈Z . u is said to be Hermitian if u, z −n = u, z n for every n ∈ N.
Let S be the Hermitian bilinear form in P such that
Let T denote the Gram matrix of S with respect to the canonical basis {z n } n∈N . The entries t m,n of T are
In other words, T is an Hermitian Toeplitz matrix. T n will denote the leading principal submatrix of T of order n. We will assume t 0,0 = 1.
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Definition 1.1 ([2]).
(i) S is said to be quasi-definite if T n is nonsingular for every n ∈ N.
(ii) S is said to be positive definite if det T n > 0 for every n ∈ N.
In a positive definite case it is very well known (see [2] , [6] ) that u has an integral representation
where µ is a nontrivial probability measure. Proposition 1.2. S is quasi-definite (resp. positive definite) if and only if there exists a sequence of monic polynomials {P n } n∈N with (i) deg P n = n, (ii) S(P n , P m ) = k n δ n,m with k n = 0 (resp. k n > 0).
The sequence {P n } n∈N is said to be the sequence of monic orthogonal polynomials with respect to S. {P n } n∈N satisfies the Szegö recurrence relations ( see
where P * n (z) = z nP n (z −1 ) is said to be the reversed polynomial of P n (see [2] , [6] ). The n-th kernel K n (z, y) associated with S is defined by
In the positive definite case, the n-th kernel polynomial is associated with the following extremal problem Indeed, the value of this minimum is λ n (y) = 1 K n (y, y) .
For each complex number y, λ n is decreasing in n and thus we can define λ ∞ is said to be the Christoffel function associated with µ. One of the main results about the behavior of the Christoffel function is the following.
